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, data sampling $\text{ }$ Newton
$f(x)=a_{0}+a_{1}(x-x_{0})+a_{2}(x-x_{0})(x-x_{1})+\ldots+a_{n}(x-x_{0})(x-x_{1})\cdots(x-x_{n})$ (4)
.
, $x_{i}$ $y_{i}=f$(xi) .




$f[x_{0},x_{1},x_{2}, \ldots,x_{k}]$ $=$–’ (6)
. , Jacobi . $a_{k}$ explicit ,




. (6) . , $b_{\mathrm{i}},x_{\ovalbox{\tt\small REJECT}}$
$y_{j} arrow\frac{y_{j}-y_{j-1}}{x_{\mathrm{j}}-x_{j-\mathrm{i}}}$ (10)
for $y_{j}$ .







, 3 sampling data










$f$ (0) $f(j)$ .
$f(0)=2$ , $f(1)=10$,
,
$g_{0}=2$ , $g_{1}=8$ ,




$A=|\begin{array}{ll}x+y 23 xy\end{array}|$ (11)
3.1.1 1
, 1 .









1 $x$ 1. 2 $x$ 1. 1 2 2. 1 $x$
1. 2 $x$ 1. 1 2 2. ,
$x$ 2 . $y$ , $y$
2 . , .
3.1.2 total degree
, total degree .
total degree ,
$A=|\begin{array}{ll}x+y 23 xy\end{array}|arrow 2arrow 1$ (13)
$\downarrow$ $\downarrow$
1 2
1 $x$ total degree 1. 2 $x$ total degree 2. 1 2 total degree
3. 1 $x$ total degree 1. 2 $x$ total degree 2. 1 2 total degree
3. , total degree 3 .
3.1.3 1 total degree
, $\mathrm{T}$ ,
$A=c_{0}+c1x$ $+$ C2y $+c3xy$ $+$ C4x$2+c5y2+$ c6x2y $+$ C7xy$2+$ C8x2y2, (14)
, $c_{8}=0$ .
$c_{8}=0$ , total degree .




$+$ (x-xo)(x-x1)(d$6+$ (y-y0)d7 $+$ (y-yo)(y-y1)d8) (15)
, $d_{8}=0$ . (15) . $c_{8}=0$ \searrow *d8 $=0$
. , sampling point $x_{0}=0,$ $x_{1}=1,$ $x_{2}=2,y0=0,$ $y_{1}=1,$ $y_{2}=2$ .
3.2 data saxnpling
3.2.1
$\ovalbox{\tt\small REJECT}=0$ $=\tau$ $\mathrm{x}=2$
$\Lambda$
$\mathrm{y}\approx \mathrm{O}$ $\mathrm{y}\approx 1$ $\mathrm{y}=2$ $\mathrm{y}=\mathrm{O}$ $\mathrm{y}\approx 1$ $\mathrm{y}\sim 2$ $\mathrm{y}=\mathrm{O}$ $\mathrm{y}=1$







$\mathrm{y}=\mathrm{O}$ $\mathrm{y}=1$ $\mathrm{y}=2$ $\mathrm{y}=\mathrm{O}$ $\mathrm{y}=1$ $\mathrm{y}=2$ $\mathrm{y}=\mathrm{O}$ $\mathrm{y}=1$




1 $\mathrm{y}\mathrm{y}(\mathrm{y}- 1)\mathrm{y}\simeq 0\mathrm{y}=1\mathrm{y}\approx 2$ $\mathrm{y}=0\mathrm{y}=1$
$|$ $|$ $|$ $|$ $|$ $|$
$|$ $|$
$\infty \mathrm{e}\mathrm{f}$ $\circ\infty\uparrow$ coef
$=\cdot 6$ $=0$ $=0$
1 $\mathrm{y}\mathrm{y}(\mathrm{y}-\tau)$ 1 $\mathrm{y}$ $\mathrm{y}(\mathrm{y}- 1)$ 1 $\mathrm{y}$
$|$
$|$ $|$ $|$ $|$ $|$ $|$ $|$
$\mathrm{c}\infty:\mathrm{c}\infty 1\mathrm{c}\infty t$ coel $\mathrm{c}\infty 1\infty \mathrm{e}\mathrm{f}$ cOe2 coet
$=-$6 $=0$ $=\mathrm{O}$ $=\cdot 6$ $=2$ $=1$ $=- 6$ $=6$
$x=2$ $-6+6y$ . $A|_{x=2}=-6+6y+2y(y-1)$ . ,
$A$ .
$d_{8}=0$ . , $” \mathrm{N}\mathrm{e}\mathrm{w}\mathrm{t}\mathrm{o}\mathrm{n}$ ” $x=2$ $y(y-1)$
$d_{8}$ . , $y$(y– 1) $x=2$
$y(y-1)$ . .
$x$ Newton . , sampling data .
$f(0)$ $=$ $A|_{x=0}=-6$
$f(1)$ $=$ $A|_{x=1}=-6$ $+2y$ $+$ y(y-1)
$f(2)$ $=$ truncate$(Aa|_{e=2})=-6$ $+6y$























$– 6\infty|$ \infty -\tilde ef=o( ’
$\mathrm{h}\mathrm{O}$ $\mathrm{h}1$ $\mathrm{h}2$
$.\Lambda$
1 $\mathrm{y}\mathrm{y}(\mathrm{y}- 1)$ 1 $\mathrm{y}\mathrm{y}(\mathrm{y}- 1)$ 1 $\mathrm{y}$
$|$ $|$ $|$ $|$ $|$ $|$ $|$ $|$
$\circ \mathrm{e}$ $\mathrm{c}\mathrm{e}\text{ }\infty \mathrm{e}\mathrm{f}\mathrm{c}\circ$e$\mathrm{f}$ $\circ$e$\text{ }$ $\infty$e$\text{ }$ oe$\mathrm{f}$ $\circ$e$\mathrm{f}$










. , . , $\mathrm{G}\mathrm{e}\mathrm{l}\mathrm{f}\mathrm{a}\mathrm{n}\mathrm{d},\mathrm{K}\mathrm{a}\mathrm{p}\mathrm{r}\mathrm{a}\mathrm{n}o\mathrm{v}$,Zelevinsky
multipolynomial resultant . , multipolynomial
resultant . , .
5 $\mathrm{A}\mathrm{p}\mathrm{p}\mathrm{e}\mathrm{n}\mathrm{d}\mathrm{i}\mathrm{x}:\mathrm{P}\mathrm{f}\mathrm{a}\mathrm{f}\mathrm{f}\mathrm{i}\mathrm{a}\mathrm{n}$ifraction free Gaussian elimination
, .
1. $a_{1j}.(1\leq i<j\leq 2N)$ Pfaffian $\mathrm{P}\mathrm{f}(a_{i\mathrm{j}})1\leq i<j\leq 2N$ .
2. -.
$s_{lj}^{(1)}.:=a_{ij}$ $1\leq i\leq 2N-1,$ $i+1\leq j\leq 2N$
$s_{-}^{(0}$? ,0 $:=1$
3. $k=1,2$ , $\cdot$ . ., $N-1$
$s_{ij}^{(k+1)}:= \frac{s_{2k-1,2k}^{(k)}s_{ij}^{(k)}-s_{2k-1,i}^{(k)}s_{2k,j}^{(k)}+s_{2k-1,j}^{(k)}s_{2k,i}^{(k)}}{s_{2k-3,2k-2}^{(k-1)}}$ $2k+1\leq i\leq 2N-1,$ $i+1\leq j\leq 2N$
.
(N)4. : $k=N-1$ $s_{2N-1,2N}^{(N\}}$ Pfaffian $\mathrm{P}\mathrm{f}(a_{ij})_{1\leq:<j\leq 2N}$ .
$s_{2N-1,2N}^{(N)}=\mathrm{P}\mathrm{f}$ (aij)1 $\leq$ i $<$j $\leq 2N$
5. 0 : $k$ $s_{2k-1,2k}^{(k)}=0\text{ }tx\cdot\supset \text{ }\llcorner$ \yen $\text{ }f.’ \mathrm{b}_{\backslash }$
(a) $s_{2k-1,j}^{(k)}(2k+1\leq j\leq 2N)$ 0
(b) $s_{2k-1,j}^{(k)}(2k+1\leq j\leq 2N)$ 0 Pfaffian $\mathrm{P}\mathrm{f}(a_{\mathrm{i}j})_{1\leq:<j\leq 2N}$ 0.
$\mathrm{P}\mathrm{f}(a_{j}|.)_{1\leq:<j\leq 2N}=0$
(c) $s_{2k-1,j}^{(k)}(2k+1\leq j\leq 2N)$ 0 .
$s_{2k-1,j}^{(k)}\neq 0$ $(2k+1\leq j\leq 2N|$
$j$
$s_{2k-1,2k}^{(k)n\mathrm{e}w}:=s_{2k-1,j}^{(k)\circ ld}$ $s_{2k-1,j}^{(k)n\epsilon w}:=-s_{2k-1,2k}$
(&)oid
$s_{2k,l}^{(k)new}:=-s_{lj}^{(k)\mathrm{o}ld}$ $s_{lj}^{(k)new}:=s_{2}^{(}$k), $\mathrm{o}ldl$ $2k+1\leq l\leq j-1$
$s_{2k,l}^{(k)n\mathrm{e}w}:=s(k)\circ ld$ $s_{jl}^{(k\rangle new}:=-s_{2k,l}^{(k)old}$ $j+1\leq l\leq 2N$
$s_{2k-1,2k}^{1\hslash)}\neq 0$ .
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